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Recently, Sher stressed the need to discover the foundations for logic. [1] In the following I will deal with the specific case of intuitionist logic. After Brouwer’s suggestion of some subjective cues, Heyting presented an axiomatic system as an “attempt” to formalise in Hilbert-style intuitionist logic, which – he stated - cannot however be grasped as a whole.[2] Next Dummett suggested a new foundations of intuitionist logic by relying on the objective notion of constructive proof. However, some ones showed that this foundation is insufficient. [3] 
Let us recall that Beth stressed that present science is biased by conceiving the organization of a scientific theory according to a unique model, i.e. the deductive one theorised by Aristotle. He suggested going beyond such a model. In fact his book was organised according to a non-deductive method which he called an “analytical method” [4] However, he did not present an alternative model of organization. Through a comparative analysis of past scientific theories that have been presented non-deductively – e.g. Kolmogorov’s theory of minimal logic [5] - I extracted their common logical features.[6] Each theory starts by posing a universal problem whose resolution requires a new scientific method. Then a methodological principle guides this research which is developed by the author through doubly negated propositions which are not equivalent to the corresponding affirmative ones (= DNPs); this non-equivalence constitutes the borderline between classical logic and most non-classical kinds of logic, intuitionism in particular. [7] The final argument is a weak indirect proof, whose concluding DNP suggests a possible resolution of the initial problem for all cases, i.e. a universal predicate((T. Being assured at this point of having collected all possible evidence, an author of such a theory converts the above predicate into the corresponding affirmative one T, which is then taken as a new axiom from which to draw all possible consequences deductively, i.e. by means of classical logic. I conclude that all together the above features constitute the wanted alternative model of organizing a theory, which I call a problem-based (PO) organization. Hence, Beth’s proposal is qualified formally. 

As a result, the foundations of a science include two kinds of organisation as a dichotomic option, adding to the well-known dichotomy between the two kinds of mathematics, i.e. classical and constructive. As a consequence, to found a logic structurally means to make two basic choices and then to develop it consistently with them. Of course, the choice made in intuitionist logic is alternative to Hilbert’s. 
It is a fortunate circumstance that 1932 Kolmogorov’s presentation of the semantics of intuitionist logic [8] relies on these two choices. Moreover, in his illustration the problem (p. 328), the methodological principle (332), the DNPs (332), the indirect proofs (332), the universal predicate (332) and its affirmative version (328) are easily recognised. Through a rational reconstruction of his illustration according to the PO model a structural foundation of intuitionist logic is obtained. One more foundation is considered: Grzegorczyk’s logic of the scientific research. [9] It is easily derivable also from the previous one when one assumes that constructivism in mathematics is equivalent to operationism in experimental theories. As a further conclusion, Sher’s search for a new foundation of logic is recognised as being accomplished on the basis of the above two foundations of intuitionist logic, provided that one identifies the two basic features of her approach – i.e. holism and veridical justification -, with the two said choices respectively. 
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